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Here K, K’ are defined by
K(k)=fﬂﬁ(l _K2sin20) 2, K'=K(K). (C.3)
0

Special relations:

sn(—z)=—sn(z), cn(—2z)=cnz, dn(—z)=dnz,
(C4)

sn’z+cn?z=1, k*sn’z+dn’z=1.

Special values:

sn0=0, snK=1, sn(K+iK")=1/k,
cn0=1, cn K =0, cn(K+iK")=—ik' /k, (C.5)
dn0=1, dnK=Fk, dn(K+iK’)=0.

The elliptic functions all have simple poles at z=iK’. As z increases
from 0 to K, snz increases from 0 to 1, cnz decreases from 1 to 0, and dnz
decreases from 1 to k’. As z varies from K to K+ iK', snz increases from 1
to k~', cnz is pure imaginary and varies from 0 to —ik’/k, and dn:z
decreases from &’ to 0. As z varies from K+ iK' to iK', snz increases from
1/k to + o0, cnz is pure imaginary and varies from —ik’/k to —ico, and
dnz is pure imaginary and varies from 0 to —ico.

Derivatives:
L d 10 b i, =i g
7 snz=cnzdnz, 7 cnz=—snzdnz, = dnz k“snzcnz.
(C.6)
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